Background and terminology.
Let H denote the space of analytic maps on the unit disk D and let A (ii) C φ is a bounded linear operator on A 2 α and the compactness of C φ is characterized in [3] as the following theorem illustrates. 
where s n (T ) are the singular numbers for T , given by
and ᏸ(A [2] and, as a consequence of this, some important comparison properties [4] , which are used for the construction of compact but non-Schatten ideals on A which fixes 1 (see [4, Figure 1 .1]), and computed an explicit formula for φ given by
Lotto [1] (
, and use this fact to construct C φ which is compact but not in any p (A 2 α ) for all 0 < p < ∞. The compactness criterion (Theorem 1.1) assures us that C φ is compact on A 2 α . And note here that the compactness of C φ is independent of α.
In the next section, we address both of these questions. For α = 0, we extend Zhu's solution [4] to prove that C φ ∈ p (A For φ a univalent self-map of D into itself,
Thus, we have the following lemma.
Lemma 2.1. For φ univalent with φ(1) = 1, (2) −1 < α arbitrary: we start with Lemma 2.1. That is, check if (or when) the integral
Since ∂G ∩ ∂D = {1}, (2.6) is equivalent to
where ∆( ) = {z; |z − 1| < } (for > 0 small) as in the proof of [4, Theorem 3.1], and φ is the Riemann map from D → G. For α = 0, the left-hand side of (2.7) reduces to 
which converges if and only if p > 2β/(1 − β)(α + 2) and this conforms to Theorems 2.2 and 2.4 when β = 1/2. Thus, we proved the following theorem. Define Ω n to be the region bounded by the semicircle z : Im(z) ≥ 0 and |z −|c n = r n (2.13) and a circular arc that is inside D joining 1 − 2r n to 1 forming an angle of ((n + 1)/ (n + 2))π (for the α = 0 case) and (n + 1)(α + 2)/(2 + (n + 1)(α + 2)) (for the α > −1 case). (This modification is made so as to apply Theorem 2.5.) Let 
